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atmospheric circulation and the mean intensity and dura-
tion of heatwaves is studied in an idealised climate model.
Using the tight relationship between near-surface temper-
ature and lower tropospheric dry static energy (DSE) in the
model, we study the energetics of the lower troposphere
during heatwaves in the model. This analysis leads to a
quantitative framework to partition intensity and duration
of heatwaves to different components of advection and iden-
tify the main contributors. We observe that while contribu-
tion of the meridional advection of DSE explains the differ-
ence between high and low intensity heatwaves in a given
location, it does not explain variation ofmean intensity across
latitudes. In a similar manner, we find that while the contri-
bution of meridional advection is important in explaining
the difference between high and low duration heatwaves
in a given location, it does not explain variation of mean du-
ration across latitudes. We find that the zonal advection of
DSE plays an important role in explaining variation of mean
intensity and duration of heatwaves across latitudes. By
linking these advective terms to the variation of the lower-
tropospheric circulation across latitudes, we present an ex-
planation of how the general circulation of the atmosphere
– particularly the location of the storm track – controls the
mean intensity and duration of heatwaves in our model.
K E YWORD S
heatwaves, atmospheric circulation, idealised modelling, extreme
events, heatwave intensity and duration
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1 | INTRODUCTION10

Heatwaves are periods of extremely high near-surface temperature, and are usually defined as discrete events (or pe-11

riods of time) when the exceedance of a certain threshold of two-meter temperature is observed (Perkins and Alexan-12

der, 2012). This event-based definition of heatwaves naturally leads to the question of characterising such events,13

and heatwaves are typically described by their intensity-duration-frequency characteristics (Perkins and Alexander,14

2012; Perkins, 2015), with intensity and duration being characteristics of individual events whereas frequency is an15

inter-event characteristic.16

The contribution to the lifecycle of a heatwave can be separated into two distinct kinds (See Röthlisberger and17

Papritz, 2023, for example):18
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• Adiabatic contribution – The presence of anticyclones which lead to subsidence-driven heating and the transport19

of heat across climatological gradients of dry static energy by the atmospheric circulation.20

• Diabatic or boundary contribution – Increased sensible heat fluxes due to a combination of enhanced shortwave21

radiation (due to the reduction in cloudiness by the anticyclone-driven subsidence) and/or surface characteristics22

such as vegetation and soil moisture which could enhance sensible heat fluxes.23

The role of the atmospheric circulation – particularly quasi-stationary Rossby wave packets and blocking events24

have been extensively studied (See Barriopedro et al., 2023, and references therein). However, a large number of (pri-25

marily mid-latitude) studies from across the world have suggested that heatwave intensity and duration are primarily26

controlled by the boundary contribution and feedbacks with the boundary layer, with the large-scale circulation play-27

ing a secondary role (see reviews by Perkins, 2015; Domeisen et al., 2022, and references therein). In monsoonal28

regions like South Asia – where the heatwave season is actually spring and not summer, cloudiness is at a annual29

minimum during the heatwave (or pre-monsoon) season due to its location below the subsiding branch of the Hadley30

cell. Therefore, large changes in shortwave forcing during heatwaves is unlikely. Furthermore, soil moisture is clima-31

tologically at its minimum value as well during this season. This situation opens up the possibility that the circulation32

could play a more important role during heatwaves in such regions.33

The literature above mostly discusses the impacts of the dynamics and local factors in the context of individual34

heatwaves. In this study, we focus on how the large-scale circulation might determine the long-term statistics of35

heatwaves in a particular location, particularly their mean intensity and duration. A second line of literature looks at36

how the large-scale circulation controls the probability density function (PDF) of temperature (Schneider et al., 2014;37

Garfinkel and Harnik, 2016; Linz et al., 2018; Tamarin-Brodsky et al., 2019), but the focus is on the moments (variance38

and/or skewness) of the entire PDF of temperature rather than characteristics of heatwaves. Furthermore, the focus39

is usually on free tropospheric rather than near-surface temperatures.40

Quantifying the contribution of circulation related controls to heatwave characteristics in observations is challeng-41

ing due to the strong influence of the boundary in determining near-surface temperatures. One potential way forward42

is to use idealised models where the boundary effects are less important (Jiménez-Esteve et al., 2022; Jiménez-Esteve43

and Domeisen, 2022). In this study, we use an idealised climate model which is configured to reduce boundary effects44

on heatwaves and study the contribution of the circulation to the lower-tropospheric dry static energy (DSE) budget.45

Since DSE is conserved by the flow, it is possible to quantify the contribution of the individual components of the46

circulation in an unambiguous manner. By relating DSE to near-surface temperature, we are then able to develop a47

quantitative framework to partition intensity and duration contributions into the individual components of the circu-48

lation. We use this framework to quantify the contributions of individual components of the circulation, and then49

examine how these components are influenced by the large-scale circulation. This two-stage analysis allows us to link50

mean intensity and duration characteristics of heatwaves to the large-scale circulation.51

2 | METHODS52

2.1 | Model description53

For this study, we use an idealised general circulationmodel (GCM) created using the climt modelling toolkit (Monteiro54

et al., 2018). Our GCM configuration is similar to the model setup in Frierson et al. (2006). To summarise, our model55

has a slab ocean and a zonally symmetrical land configuration, with the grids between 20◦ and 60◦ in both hemispheres56

set as land grids. The ocean and land grids only differ in their depth, heat capacity and surface relative humidity. The57
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land grids have a prescribed depth value of 1 m and a heat capacity value of 2000 Jkg−1K−1. For the ocean, the58

prescribed depth value is 2 m, with the heat capacity being the heat capacity of water, 4182 Jkg−1K−1. This models59

the higher heat capacity of the ocean relative to land, and the relatively low prescribed depth values minimises the60

effect of long-memory surface processes.61

The relative humidity at the ocean surface is set to the saturation specific humidity at the surface temperature.62

For the land grids, we set the relative humidity at the land surface to be 70% of the saturation specific humidity. This63

models the lower moisture availability over land relative to the ocean and modifies the ratio of Sensible Heat Flux64

(SHF) to Latent Heat Flux (LHF) over land. The temperature of the surface is controlled dynamically by the energy65

balance at the surface. There is no topography in our model.66

The surface flux and boundary layer formulation is as in Frierson et al. (2006). A gray radiation scheme is used,67

with values for atmosphere opacity τ prescribed as68

τ = [τ0e + (τ0p − τ0e ) sin2 (φ ) ]
(
p

ps

)
(1)

where τ0p = 1.5 and τ0e = 6 are values of atmosphere opacity at the surface at the pole and equator, respectively.69

p and ps are pressure and surface pressure respectively and φ is the latitude. The vertical profile of optical depth with70

pressure in our model is linear, unlike in Frierson et al. (2006), where a combination of linear and quartic terms were71

used. The incoming solar flux values Rs has an off-equatorial maximum, with maximum flux at 10◦N, and decreasing72

towards the poles with functional form73

Rs (φ ) =

Rmax [1 + ∆sp2 (φ − 10

◦ ) ] for φ ≥ −80◦

Rmax [1 + ∆sp2 (−90
◦ ) ] otherwise (2)

where p2 (θ ) = 1
4 [1 − 3 sin2 θ ] is the second Legendre polynomial and φ is the latitude. Rmax = 150 Wm−2 and74

∆s = 1.4 sets the meridional gradient of solar flux. The model is in perpetual forcing, and has no seasonality or diurnal75

cycle. Moist convection in the model is parameterized using the Emanuel convection scheme (Emanuel and Živković76

Rothman, 1999). The model does not include clouds or sea ice.77

A spectral dynamical core solves the primitive equations and is run at T42 grid resolution (64 x 128, 2.76◦ x78

2.79◦ ), which equates to a grid length of approximately 310 km at the equator. The model has 28 height levels and79

an integration time step of 20 minutes. This model was run for a duration of 1000 years and the model variables are80

saved as a daily average for each day. The spinup time of the model, the time for the model’s climate to equilibrate, is81

around a year. We have spun up the model for 3 years to ensure that equilibrium is reached.82

| Model climatology83

A 30-year climatology of our model is shown in Fig. 1. As the maximum insolation is at 10◦N, the temperature84

maximum is in the northern hemisphere (Fig. 1, panels a and b). The subtropical jet stream, whichmarks themeridional85

extent of the Hadley circulation is stronger in the winter hemisphere. Similarly, the eddy-driven jet – marked by the86

location of the maxima in meridional wind variance, is also stronger in the winter hemisphere (both from the mean87

meridional mass streamfunction and the mean meridional wind variance in panels c and d). The zonal wind maximum88

in the northern hemisphere is at around 54◦N, over the poleward flank of the land region, while the corresponding89
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maximum in the southern hemisphere is at around 26◦S. Themaximum jet speed in the northern hemisphere is around90

27 ms−1, and around 51 ms−1 the southern hemisphere. In both hemispheres, the location of the baroclinic zones –91

characterised by enhanced eddy activity and large variance of the meridional winds – is poleward of the subtropical92

jet itself and marks the latitude of the eddy-driven jet (Lee and Kim, 2003). The momentum flux convergence in these93

baroclinic zones leads to the development of climatological surface westerlies at the same latitude (panels b and94

c). Consistent with the counterpropagating Rossby edge wave picture of baroclinic instability (Hoskins et al., 1985;95

Heifetz et al., 2004), the free-tropospheric meridional wind variance maxima are accompanied by a corresponding96

lower-tropospheric counterpart (panel d). The global mean sensible and latent heat fluxes over land are about 8.297

Wm−2 and 47.9 Wm−2, suggesting that surface exchange over land is dominated by latent heat fluxes in our model98

configuration.99

2.2 | Heatwaves100

Since we are interested in the intensity-duration characteristics of heatwaves and their relationship to the circulation,101

we have studied four different patches of land of dimensions around 10◦x10◦(lat x lon), centred at around 35N, 40N,102

45N and 50N (see Fig. 1, panel b). Given the general circulation of the model, these land patches span the latitudes103

from the eddy driven jet to the subtropical jet. In Fig. 1, the land patches are shown at different longitudinal locations104

for clarity; however the land patches are actually at the same longitudinal location (100◦-110◦). As themodel is zonally105

symmetric (Every longitude is statistically identical), the zonal position of the land patches does not make a difference.106

The size of the patches are of the order of the synoptic scale (more than 1000km) to specifically study large-scale107

processes.108

We calculate and store Ta , the daily average of the spatial average of lowest-level model temperature over the109

land patches of interest. The 95th percentile of the Ta distribution – T95 – is set to be the heatwave threshold. T95 is110

computed separately for each land patch.111

Heatwave definition and characteristics112

We define heatwaves as any continuous period of three or more days during whichTa exceedsT95 in a land patch. The113

duration of a heatwave is the continuous period over which Ta exceeds T95. From our heatwave definition, the mini-114

mum duration possible is 3 days. Two heatwaves separated by even only a day withTa belowT95 are still considered as115

two separate events. The intensity of a heatwave is defined as the mean of the difference betweenTa andT95 across116

its duration. While there are many ways in which heatwave intensity could be defined (Perkins and Alexander, 2012),117

we choose the average value since it is a lifetime measure of the heatwave rather than an instantaneous measure (like118

peak temperature for instance) which likely to be more noisy. To precisely estimate the intensity and duration of heat-119

waves from the daily averaged temperature data, we use linear interpolation to identify the approximate (sub-daily)120

times where the heatwave threshold is crossed.121

For this study, we divide the heatwaves sampled into four classes - high intensity, low intensity, high duration122

and low duration. The high intensity and high duration classes consist of heatwaves whose respective attributes are123

higher than their 90th percentile values across all heatwaves. Similarly, the low intensity and low duration classes124

contain heatwaves whose respective attributes are lower than their 10th percentile values across all heatwaves.125

Panel a of Fig. 2 shows the intensity-duration distribution for the land patch centered at 45N. Panels b and c of126

Fig. 2 shows how the average intensity/duration values for the top and bottom 10 percentile heatwaves change across127

the different land locations. We see that as we move from the northernmost land towards the equator, the average128

intensity values of both the top and bottom 10 percentile heatwaves decrease, by around 41% and 44% respectively.129
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In contrast, as we move from the northernmost land towards the equator, heatwave duration increases primarily in130

the positive tail of the duration distribution, with the negative tail remaining fixed. The average duration of the top131

10 percentile heatwaves increases by around 28%, while the average duration of the bottom 10 percentile heatwaves132

does not exhibit any clear change. The relatively unchanged duration values for low duration heatwaves could be due133

to the 3-day minimum duration constraint, and the relative abundance of short heatwaves.134

2.3 | Heatwave energetics135

To study the energetics of heatwaves, we move from a framework of temperature to that of energy. We find that136

during heatwave days, there is a strong correlation between the average lowest-level air temperature over the area137

of interest and the total dry static energy (DSE) over the same horizontal area, between 970hPa and 850hPa (Fig. S1138

in the supplementary material, panel a). This correlation is robust across the various land locations, and enables us139

to associate temperature extremes with extremes in DSE, which is a conserved quantity in the absence of diabatic140

sources. In all our analyses, we include one day before and after the heatwave event. This allows us to also capture141

the processes that push temperatures across the heatwave threshold in both directions.142

We find that the sensible heat flux during heatwaves over the area of interest is mostly negative (Fig. S2 in143

the supplementary material), suggesting a warmer atmosphere during heatwaves, and is robust across land locations.144

This allows us rule out the possibility of enhanced surface fluxes being a forcing mechanism for heatwaves in this145

model. Conversely, this strongly suggests that the heatwaves in this model are primarily forced by the circulation,146

with sensible heat flux only acting as a negative response to this forcing.147

Across land locations, for heatwave periods, we find that changes in the total DSE (S ) between 970hPa and148

850hPa can be explained to a large extent (except for a few outliers) by the DSE advection in the atmosphere (Fig. S1149

in the supplementary material, panel b). We see that the linear fit is slightly steeper than the 1:1 line, with the DSE150

advection rate slightly overestimating the actual rate of DSE change. This bias is consistent with the fact that we have151

excluded the effects of radiative forcing, which act to remove DSE.152

We can formulate the time-evolution of DSE (S) as153

∂S

∂t
=

∂S

∂t

����
advect i on

+ r es (3)

DSE tendency is expressed as the sum of DSE advection and a residual term r es . Note that the tendency terms154

are calculated at the midpoints of consecutive heatwave days, with time grids that are staggered relative to heatwave155

days. In all subsequent plots of DSE tendency, this time grid (at the mid-point of heatwave days) is used.156

The dynamical core does not output vertical winds by default, so we calculate them from a diagnostic equation157

(see the supplementary material). For details on the DSE budget and advection calculations, see the appendix.158

2.4 | Reynolds decomposition159

To understand how the different advective components govern intensity and duration of heatwaves, we perform a160

Reynolds decomposition of DSE advection (−u.+s ) within the area of interest, between 970hPa and 850hPa (where161

s is the DSE at individual grid points). We split u into its mean and anomaly components as u = u + u′. Similarly, we162

split DSE as s = s + s ′. Since the model has a constant forcing without diurnal or seasonal cycles, we set the mean163

values in the Reynolds decomposition to be the climatological values across the 1000 years that the model was run164
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for. The total DSE advection (-u.+s ) can be decomposed as165

−u.+(s ) = −u.+(s ) − u.+(
s ′
)
− u′ .+(s ) − u′ .+(

s ′
) (4)

Given the zonal symmetry of the model, we expect ∂S
∂x to be close to zero. We also expect v to be small. Con-166

versely, terms involving v ′ and u (depending on proximity to the eddy jet), could be important.167

2.5 | Intensity-duration control168

To partition the intensity into contributions from the different Reynolds components, we begin by noting that the169

total DSE tendency due to advection can be integrated over time to estimate the time evolution of DSE over the170

lifetime of the heatwave. The value of DSE at the start of the heatwave (close to the heatwave threshold) is taken171

to be zero. From this time evolution of DSE, we can compute the intensity (in Joules) as the average DSE across172

heatwave duration. The linear relationship between low-level DSE and lowest-level model temperature (Fig. S1 in the173

supplementary material) also allows us to convert intensity from Joules to Kelvin.174

Given that the individual DSE advection components add upto the total DSE advection, the above approach175

can also be used to compute contribution of individual components of the total advection by integrating the DSE176

tendency due to any individual component over the heatwave lifetime and computing a DSE intensity due to this177

component alone. Due to the linearity of both averaging and integration, this directly partitions the total intensity178

into contributions due to each advection component (See Fig. 4).179

To quantify the contribution of the different components to heatwave duration, we have plotted the average180

magnitude associated with each process on the nt h day after heatwave start. (See Fig. 5). As we intend to capture181

the trends in the accumulation rates (same as positive DSE tendency) of various components in relation to heatwave182

duration, we do not normalise on duration. We compute the average accumulation rates associated with each process183

across heatwaves that have survived till the nt h day. This enables us to understand their temporal profiles and trends184

with heatwave duration.185

3 | RESULTS186

3.1 | Low-level DSE advection187

In Fig. 3, we have plotted the total DSE advection (between 970hPa and 850hPa) within the land patches centered188

at 50N and 35N. To compare between heatwaves of varying lengths, we have plotted against time fraction, with 0189

and 1 being the first and last day across all heatwaves. As we would expect, DSE advection is initially positive, leading190

to an accumulation of DSE. Advection then reduces to zero (at heatwave maximum), before reversing sign. Negative191

DSE advection towards the end of the heatwave ventilates the accumulated DSE, ending the event.192

We see from Fig. 3 that intense heatwaves are associated with a high amplitude of positive and negative DSE193

advection, with an almost linear profile. In contrast, high duration heatwaves have a persistent rate of accumulation,194

with a brief and delayed ventilation (same as negative accumulation). Interestingly, the DSE advection pattern of low195

intensity heatwaves looks similar to that of high duration heatwaves, and that of low duration heatwaves looks like196

that of high intensity heatwaves. These patterns are consistent across all land locations (Not shown). It is important197

to note that the amplitude of DSE advection decreases from the 50N box to the 35N box, across all heatwave classes.198
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This explains why the average intensity of heatwaves also decreases in the same direction.199

3.2 | Reynolds components200

We observe that of all the terms obtained from Reynolds decomposition at the lower levels (970hPa to 850hPa), four201

horizontal terms and the vertical component account for nearly all of the DSE advection. The horizontal terms are202

• -v ′ ∂S∂y - meridional advection of mean DSE by anomalous wind203

• -v ′ ∂S ′∂y - meridional advection of anomalous DSE by anomalous wind204

• -u ∂S ′
∂x - zonal advection of anomalous DSE by mean wind205

• -u ′ ∂S ′∂x - zonal advection of anomalous DSE by anomalous wind206

Fig. S3 in the supplementary material shows the lifetime profiles reconstructed from the four horizontal terms207

and the vertical term, and are almost indistinguishable from the total lifetime DSE advection profiles in Fig. 3. The208

aggregate lifetime profiles of the individual components across heatwave classes for the 50N and 35N land locations209

are also plotted (see Figs. S4-7 in the supplementary material)210

We see that most components look very similar across land locations and heatwave class, both in their magnitude211

and profile. The only component that systematically changes in magnitude across land locations is the u ∂S ′
∂x compo-212

nent, which decreases sharply as we move equatorward, away from the surface westerlies. This suggests that the213

u ∂S ′
∂x term in particular might be responsible for the trends in mean intensity-duration of heatwaves, atleast across214

land locations. The differences in -v ′ ∂S∂y and -v ′ ∂S ′∂y across land locations is relatively small and of opposite signs, such215

that their sum (-v ′ ∂S∂y ) changes little between land locations. The difference in -v ′ ∂S∂y term across land locations can be216

explained by the slight change in climatological DSE gradient with latitude (See Fig. S8 in the supplementary material).217

3.3 | Contribution to Intensity218

In Fig. 4, we have plotted the intensity contributions associated with different processes for the top and bottom 10219

percentile intensity classes, respectively. For completeness, we have also computed the residual term as the deviation220

between the actual DSE difference andDSE advection (As in Fig. S1 in the supplementarymaterial). This term includes221

processes that we have not accounted for like surface fluxes and radiation forcing, along with averaging-related errors.222

We have converted quantities in these plots from Joules to Kelvin using the linear relationship between low-223

level DSE and lowest-level model temperature (see Fig. S1 in the supplementary material). Note that the mean total224

intensities we have calculated from the DSE advection in Fig. 4 are in close agreement with their corresponding values225

in Fig. 2 (indicated as a shaded range over the boxes on the left in Fig. 4).226

In subsequent analyses, we have combined the v ′ ∂S∂y and v ′ ∂S
′

∂y terms as v ′ ∂ S
∂y . The v ′ ∂S∂y term is predominantly227

accumulating and the v ′ ∂S
′

∂y is ventilating (See Figs. S4 and S5 in the supplementary material). The combination of228

these terms (v ′ ∂ S
∂y ) explains trends in heatwave characteristics better than either term individually.229

Fig. 4 highlights the components responsible for the difference in mean intensity between the top and bottom230

intensity classes, and between extreme land locations. Between the top and bottom intensity classes, the component231

that shows the most systematic change in intensity contribution is v ′ ∂S∂y . Between extreme land locations however,232

the u ∂S ′
∂x term has the most significant difference in contribution, with the magnitude of the u ∂S ′

∂x dropping sharply233

as we move away from the jet.234

The residual term shows some differences between intensity classes and land locations. However, the trends in235
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the residual term is always opposed to that of intensity and in all cases, the residual term only contributes negatively236

to heatwave intensity. This observation is in agreement with our understanding that the processes in the residual237

term only act to dampen heatwaves. Furthermore, given its small amplitude relative to the dominant advection terms,238

we expect that it plays a small role in determining the intensity characteristics of heatwaves in our model.239

3.4 | Contribution to Duration240

The duration of heatwaves is considered to be the time taken for the DSE to rise above and fall below its threshold241

value. This requires the initial accumulation of DSE (initiating the heatwave) followed by ventilation of DSE (dissipating242

the heatwave).243

We have plotted the average accumulation rates associated with different components across the duration of244

the event. We have plotted this separately for the top and bottom 10 percentile duration classes for the extreme245

land locations (Fig. 5). Figs. S9-10 in the supplementary material shows the individual components along with their246

variability across heatwaves.247

The most systematic difference between the top and bottom duration classes is the number of days before ven-248

tilation starts. In the top duration class, ventilation starts after around 6 days, whereas it only takes about 1.5 days249

in the bottom duration class. Another difference is the ventilation provided by the v ′ ∂S∂y term. The v ′ ∂S∂y term con-250

tributes to ventilation in the bottom duration class, leading to a shorter duration of heatwaves. For the top duration251

class, this term provides relatively negligible ventilation.252

The primary ventilation term is different between extreme land locations. Close to the jet, ventilation follows253

the u ∂S ′
∂x term, and away from the jet, it follows the u ′ ∂S

′
∂x term. These processes have different ventilation rates,254

with u ∂S ′
∂x being stronger than u ′ ∂S

′
∂x . Given that the accumulation periods are almost the same across extreme land255

locations, the duration trend across land locations can be attributed to the change in the ventilation time due to the256

difference in ventilation rates between the u ∂S ′
∂x and u ′ ∂S ′∂x terms. The fact that u close to the jet stream has a constant257

direction and is generally of higher magnitude than u ′, which varies in both direction and magnitude with time might258

explain why u ∂S ′
∂x provide more ventilation than u ′ ∂S

′
∂x on average.259

We can estimate heatwave duration from the total accumulation profiles in Fig. 5 by first dividing the profile into260

accumulation and ventilation phases, and then calculating the ventilation time that would be needed to balance the261

total accumulation. Heatwave duration can be calculated as the sum of the number of days of accumulation and the262

ratio of total accumulation to mean ventilation. The duration estimate from this calculation (not shown) agrees very263

well with the corresponding values and trends in Fig. 2.264

In most cases, the residual term opposes DSE advection. In all cases, the magnitude of this term is small and does265

not change the results much.266

3.5 | Synoptic-scale circulation267

To investigate the particular circulation conditions that lead to intense and long heatwaves, we look at composites268

of heatwaves with intensity and duration in the top 2 percentile (around 30 heatwaves each). Figs. S11-14 in the269

supplementary material show the total winds averaged between 950 hPa and 850 hPa for the top 2 percentile intense270

and long heatwaves at 50N and 35N. We see that heatwaves in our model are caused by anti-cyclonic systems that271

are positioned towards the east of the land patch, with their poleward-directed flank over the box. The meridional272

wind advects warm air from closer to the equator, which leads to DSE accumulation. The ventilation is then carried273

out by the zonal wind, advecting the warm air out of the box.274
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Given that the circulation patterns that lead to heatwaves in our model is roughly baroclinic and homogeneous275

(Fig. S15 in the supplementary material, with the advection terms following their corresponding DSE gradient), we276

can explain the behaviour of the advection terms using the wind and DSE gradient profiles. In Fig. 6, we have plotted277

the patch-averaged profiles of the anomalous DSE gradient terms ( ∂S ′∂x and ∂S ′
∂y ) along with the wind terms (v ′ and278

u/u ′ depending on the location of the land patch) for the top 2 percentile intense and long heatwaves at 50N and279

35N.280

From Fig. 6, we see that heatwaves are initiated by the anomalousmeridional wind v ′ (v is close to zero), advecting281

the climatological meridional DSE gradient ∂S
∂y . The profile of ∂S ′

∂y follows v ′ across land locations and heatwave282

characteristic. During heatwaves, v ′ advects DSE into the box, homogenising the DSE inside the box (See Figs. S16-283

19 in the supplementary material), leading to a positive ∂S ′
∂y (the climatological gradient ∂S

∂y is negative). ∂S ′
∂x is roughly284

anti-correlated to ∂S ′
∂x , with ∂S ′

∂x increasing as ∂S ′
∂x decreases. The u/u ′ wind (u at 50N, u ′ at 35N) is positive across285

heatwave lifetime.286

Long duration heatwaves seem to be associated with weaker DSE anomalies, zonal DSE gradients and winds that287

have a smaller zonal component as observed in Fig. 6 and Figs. S11-14. This combination of DSE gradients and winds288

can be achieved by a weak, slowly moving (or stationary) anticyclone. The two peaks in v ′ observed in Fig. 6b,d289

also suggest that long duration heatwaves may occur due to multiple anticyclones passing over the region during the290

heatwave, or that a quasi-stationary anticyclone may be re-energized by downstream propagation of energy. Shorter291

heatwaves are associated with additional ventilation by the meridional term as seen in Fig. 5c,d , suggesting that a292

cyclone likely followed the anticyclone that led to the heatwave.293

For intense heatwaves in both land patches, we observe that ∂S ′
∂y starts at a small value at the beginning of the294

heatwave, reaches a maximum and then reduces to a small value by the end of the heatwave. ∂S ′
∂x is strongly negative295

at the beginning suggesting that the DSE anomaly is primarily developing at the western edge of the box. It goes296

to zero near the peak of the ∂S ′
∂y anomaly and becomes positive, leading to ventilation. This evolution is consistent297

with the picture of a high amplitude, isolated eddy entering and exiting the land patches. This is supported by the298

composites in Figs. S16-17, where the location of maximum v ′ moves west to east over the box as the heatwave299

progresses, with the DSE anomaly having a sharp tongue like shape.300

For long duration heatwaves, we observe that ∂S ′
∂y is at or close to its peak value, suggesting that a “precondition-301

ing” of the DSE gradient has occurred. This preconditioning also keeps ∂S ′
∂x at a small value, and the termination of the302

heatwave seems to be similar to what is observed in the high intensity case. This is supported by the composites in303

Figs. S18-19 , where the DSE anomaly is much broader to the west of the box (particularly in panel b of Figs. S18-19,304

a third into the heatwave), rendering the zonal accumulation/ventilation small (due to small ∂S ′
∂x ) until the termination305

of the heatwave.306

3.6 | Relation to the large scale circulation307

In the previous few sections, we have looked at the contributions of the individual advection components to the308

intensity and duration of individual heatwaves, and used composites to understand the circulation patterns associated309

with these contributions. The next step is to connect these contributions to the general circulation of the model.310

From a one-dimensional stirring perspective, we might expect that latitudes with higher variance of meridional311

winds might often experience larger deformation of DSE contours, leading to a higher mean intensity for heatwaves312

at that latitude – this follows from the fact that extremes are more sensitive to the scale parameter as compared to the313

location parameter (Katz and Brown, 1992). The meridional DSE gradient does not vary much between the different314

land patches (see Fig. S8 in the supplementary material), and the typical magnitude of the meridional winds can be315
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inferred from the variance of themeridional winds. As we have seen in Fig. 1d, the variance of near-surfacemeridional316

winds maximizes near 50N and declines as we move equatorward, which might be a reasonable explanation for the317

intensity trend. However, such reasoning only holds in the case of no eddy-eddy interactions, and recent idealised318

studies have shown that the nonlinear meridional term v ′ ∂S
′

∂y works to dampen the quasilinear term (Garfinkel and319

Harnik, 2016; Linz et al., 2018). In fact, Linz et al. (2018) shows that the variance of the advected temperature320

(analogous to DSE in our case) has a much flatter meridional distribution even if the stirring is centered at a single321

latitude. Therefore, consistent with predictions in Linz et al. (2018) from a much simpler model, we see in Fig. 4 that322

the contribution of v ′ ∂S∂y in both extreme land patches is similar, and the primary difference is due to the u ∂S ′
∂x .323

Coming to the question of heatwave duration, Fig. 5 shows that the zonal contribution is primarily in ventilating324

the accumulated DSE, though the meridional contribution plays a role in determining short vs. long heatwaves in the325

same latitude. In regions of climatological surface westerlies (see Fig. 1c), this ventilation is more effective due to326

the stronger zonal winds, whereas this ventilation has to be achieved by the eddy zonal winds associated with the327

synoptic system (or an eddy that passes the region subsequently). Keeping in mind that the ventilation depends not328

only on the zonal wind magnitude but also on ∂S ′
∂x , we observe that regions with high meridional wind variance are329

also associated with stronger gradients of ∂S ′
∂x (Supplementary Fig. S22). Why this should be the case is unclear, and330

likely has to do with of scalar mixing by a turbulent flow. Therefore, we expect that heatwaves occurring away from331

regions of surface westerlies are likely to last longer. Furthermore, since surface westerlies are induced to remove the332

momentum convergence by upper tropospheric eddies (Held, 2007), regions of high meridional wind variance (and333

∂S ′
∂x variance) coincide with regions of high zonal winds – this is true in both hemispheres as seen in Fig. 1d, providing334

a clear explanation why intensity-duration characteristics of heatwaves are likely to be inversely related if heatwaves335

are primarily governed by the atmospheric circulation.336

4 | SUMMARY AND DISCUSSION337

In this study, we use an idealised GCM to understand how the large-scale circulation impacts the statistics of temper-338

ature extremes. To achieve this, we used the following approach:339

1. We used a GCM configuration that minimizes/eliminates diabatic forcing of temperature extremes, so that it is340

easier to understand the impacts of the circulation.341

2. We used the tight relationship between lower-tropospheric DSE and near-surface temperatures in the model to342

transform the problem from that of temperature extremes to lower-tropospheric DSE extremes. We chose to343

do this because DSE is conserved by atmospheric flows and allows for unambiguous attribution to individual344

Reynolds decomposed components of the atmospheric flow.345

3. The choice of using DSE made it possible to use the conservation law to create a quantitative framework to346

partition flow contributions to the intensity and duration of heatwaves. This is advantageous since it does not347

require mechanism denial type approaches which can alter the flow itself (see Arblaster et al., 2014; Wehrli et al.,348

2019; Miralles et al., 2014, for example), making it problematic to perform quantitative attribution.349

4. Once we identify flow components that quantitatively contribute to the intensity/duration characteristics, we try350

to relate the statistics of these components to features of the large-scale circulation such as the location of storm351

tracks, variance of meridional winds and surface westerlies.352

Due to the above methodological approach, we were able to not only quantify the contribution of the circulation353
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to the intensity-duration characteristics of individual heatwaves, but were able to explain how the statistics, particu-354

larly the mean, of heatwave intensity and duration are related to the large scale circulation. Linking the statistics of355

extreme events to the large-scale circulation remains an outstanding challenge for the community (see White et al.,356

2022, for example), and our work contributes to this effort.357

We show that the mean heatwave intensity and duration are strongly influenced by the eddy wind terms and the358

location of the eddy driven jet, which are closely linked to the storm tracks. The location and intensity of storm tracks359

varies seasonally, with a stronger and more equatorward storm track in the winter (Shaw et al., 2016). Moreover,360

the poleward shift of the storm tracks is a robust signal observed under climate change scenarios, especially for the361

southern hemisphere (Barnes and Polvani, 2013). These trends are even simulated and captured in idealised dry362

models (Tandon et al., 2011; Butler et al., 2010). Given the variability and the expected changes in the storm track363

location with warming, this study contributes to understanding how the statistics of heatwave characteristics could364

be modified as a consequence.365

We observe that meridional advection is important to distinguish between high and low intensity/duration in366

a single latitude. However, it is the zonal advection term that plays a primary role in distinguishing between high367

intensity/duration heatwaves across latitudes. The role of zonal advection has generally not received much attention368

in the literature concerned with the shape of temperature PDFs (Schneider et al., 2014; Garfinkel and Harnik, 2016;369

Tamarin-Brodsky et al., 2019), likely because they were concerned with PDFs along an entire latitude belt and not370

in a single location; Recent observational work focusing on a single location does show that zonal advection plays371

an important role (Shah and Monteiro, submitted). Given the importance of zonal advection, a potential question of372

interest is what controls the statistics of ∂S ′
∂x , particularly its mean and variance.373

Our work also contributes to understanding the effect of nonlinear advection on temperature variability. Even374

though quasilinear models of atmospheric macroturbulence – which ignore eddy-eddy interactions – have been suc-375

cessful in recovering flow statistics in a variety of geophysical flows (particularly in regions with a strong mean flow)376

(Schneider and Walker, 2006; Chemke and Kaspi, 2016; Delsole and Farrell, 1996; Marston and Tobias, 2023; Svirsky377

et al., 2023a,b), more recent work has shown that nonlinear advection is important to generate the skewness that378

is present in the observed temperature distribution (Garfinkel and Harnik, 2016; Tamarin-Brodsky et al., 2019). In379

this context, our results suggest that quasilinear models are unlikely to reproduce the tail behaviour of temperature380

variability, and this conclusion is supported by recent observational work as well (Shah and Monteiro, submitted).381

A limitation of our study is the absence of surface forcing and zonal inhomogeneities (which might lead to sta-382

tionary waves), both of which are likely to impact extreme events (Miralles et al., 2014; Narinesingh et al., 2020), and383

it remains to be seen if the DSE framework developed in the current work can be extended to such situations. Since384

we also account for a residual term, this framework could also incorporate surface and radiative fluxes, and a similar385

approach shows promise in understanding temperature variability in observational data as well (Shah and Monteiro,386

submitted).387
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Appendix A. DSE budgeting400

Consider a 10◦x10◦ box bounded at at 970hPa at the bottom, and 850hPa at the top. The DSE (s) at each point in the401

box is computed as402

s = cpT + gz (5)

where cp=1004.64 J kg−1 K−1 is the specific heat of air at constant pressure,T is temperature, g= 9.80665 ms−2403

is acceleration due to gravity, and z is height above the surface. The total DSE (S) in the box is then given by404

S =

∫
V

(
cpT

g
+ z

)
dV (6)

Where dV is a volume element in pressure coordinates. S can change either due to adiabatic processes (advection),405

or by diabatic processes (radiation or latent heat release from convection).406

∂S

∂t
=

∂S

∂t

����
ad i abat i c

+ ∂S

∂t

����
d i abat i c

(7)

Focusing on DSE tendency from adiabatic processes,407

∂S

∂t

����
ad i abat i c

=
∂S

∂t

����
advect i on

= −
∫
A

(
su
g

)
. dA (8)

where dA is an area element on the box surface, and with the vertical axis in pressure coordinates. Since DSE is408

conserved along the flow, S cannot be changed by rearrangement of air parcels within the box. DSE tendency due to409

circulation must pass through one of the surfaces of the box.410

In the presence of diabatic terms, DSE tendency is then411
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∂S

∂t
= −

∫
A

( us
g

)
. dA + ∂S

∂t
����diabatic (9)

Hence, in the absence of diabatic sources and flux of DSE across a box surface, the DSE in the box cannot change.412

Adiabatic DSE tendency can alternatively be expressed as a volume integral of DSE advection in pressure coordinates413

∂S

∂t

����
ad i abat i c

= −
∫
V

( u.+s
g

)
dV (10)

Appendix B. DSE advection calculation414

The DSE and DSE advection are computed in the area of interest for heatwave periods using the daily-averaged415

model variables. The model variables are first linearly interpolated to uniform pressure levels spanning from 970hPa416

to 290hPa, at 20hPa intervals. The highest pressure level for interpolation is set to 970hPa as some grid points have417

close to 970hPa at the lowest model level. DSE and DSE advection are then calculated at each grid point and volume418

integrated in pressure coordinates.419

The total DSE (S) within the box is computed for each heatwave day as420

S =
∑
N

(cpTN + zN g ) dxN dyN
dpN
g

(11)

where N iterates over all the grids in the box. TN is the temperature, zN is the height, and dxN , dyN and dpN are421

the dimension lengths associated with each grid point.422

The advection terms are calculated on a staggered time grid (between consecutive heatwave days). The DSE423

advection between two consecutive days d1 and d2 is calculated as the average of the DSE advection on the two424

days.425

∂S

∂t
|advect i on = − 1

2

∑
d1,d2

∑
N

(uN .+(
cpTN + zN g

)
) dxN dyN

dpN
g

(12)

The gradient terms are calculated by performing spatial centered-finite differencing. The Reynolds decomposed426

advection terms are also calculated in the same manner.427
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5 Mean accumulation rates associated with major components on the nt h day after heatwave start for546

the top and bottom 10 percentile duration heatwaves. The profiles only include heatwaves that survive547

till the nt h day after heatwave start. The advection components are calculated at the midpoints of548

consecutive heatwave days, resulting in a time grid staggered relative to heatwave days. . . . . . . . . 23549

6 Patch-average profiles of v ′, u/u ′ (u at 50N, u ′ at 35N), ∂S ′
∂y and ∂S ′

∂x for the top 2 percentile intense550

and long heatwaves at 50N and 35N. The profiles only include heatwaves that survive till the nt h day551

after heatwave start. These quantities are calculated at the midpoints of consecutive heatwave days,552

resulting in a time grid staggered relative to heatwave days. . . . . . . . . . . . . . . . . . . . . . . . . . 24553
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F IGURE 1 Model climatology. (a) Zonally averaged air temperature (K). (b) Lowest level winds (ms−1) overlaid on
lowest level air-temperature (K). The location and extent of land in the model is depicted by the light shading, and
the land patches of interest are depicted by solid boxes. All land patches are between 100-110 longitude, boxes in
the plot have been separated for clarity. (c) Zonally averaged zonal winds (ms−1, coloured) overlaid with the zonal
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interval 2x1010 kgs−1) (d) Zonal mean variance of meridional wind (m2s−2) - marks the location of the storm track.
The zonal mean meridional mass streamfunction is overlaid (black contours, as in panel c).
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classes. To compare between heatwaves of varying lengths, we have plotted against time fraction, with 0 and 1
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Vertical wind computation

The vertical wind w is diagnosed as

w = −
∫ η

o

∇.

(
vH

∂p

∂η

)
dη + v⃗H .∇p (1)

where η is the σ-p hybrid coordinate defined on model levels as

η =
A(η)− ptop
ps − ptop

+B(η) (2)

A(η) and B(η) are calculated by default and available from the model at model levels. ps is the air pressure at
the surface and ptop is that at the top of the model.
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FIGURE S1: (a) Correlation between spatially-averaged lowest-level air temperature and total DSE between 970hPa
and 850hPa for the land centered at 45N. The blue dots are individual heatwave days and the black line is a linear
fit. (b) Comparison between rate of DSE change and the rate of DSE advection during heatwave periods for the land
centered at 45N. The slope of the linear fit in panel b is 1.09.
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FIGURE S3: Low-level (970hPa - 850hPa) DSE advection profiles for the different intensity and duration classes

reconstructed from only the four horizontal (v′ ∂S∂y , v
′ ∂S′

∂y , u∂S′

∂x and u′ ∂S′

∂x ), and the vertical component. To compare
between heatwaves of varying lengths, we have plotted against time fraction, with 0 and 1 being the first and last
day across heatwaves. The lines represent the mean, and shading shows standard deviation across heatwaves of each
class.
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FIGURE S4: Advection profiles of v′ ∂S∂y for the different heatwaves classes at 50N and 35N. These are plotted against
time fraction, with 0 and 1 being the first and last day across heatwaves. The lines represent the mean, and shading
shows standard deviation across heatwaves in each class.
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FIGURE S5: Advection profiles of v′ ∂S
′

∂y for the different heatwaves classes at 50N and 35N. These are plotted against
time fraction, with 0 and 1 being the first and last day across heatwaves. The lines represent the mean, and shading
shows standard deviation across heatwaves in each class.
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FIGURE S6: Advection profiles of u′ ∂S′

∂x for the different heatwaves classes at 50N and 35N. These are plotted against
time fraction, with 0 and 1 being the first and last day across heatwaves. The lines represent the mean, and shading
shows standard deviation across heatwaves in each class.
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FIGURE S7: Advection profiles of u∂S′

∂x for the different heatwaves classes at 50N and 35N. These are plotted against
time fraction, with 0 and 1 being the first and last day across heatwaves. The lines represent the mean, and shading
shows standard deviation across heatwaves in each class.
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FIGURE S9: Top 10 percentile duration heatwaves. Accumulation rates associated with major components on the
nth day after heatwave start. The coloured solid lines are the mean profiles and the shading indicate standard
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FIGURE S10: Bottom 10 percentile duration heatwaves. Accumulation rates associated with major components on
the nth day after heatwave start. The coloured solid lines are the mean profiles and the shading indicate standard
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FIGURE S11: Intense heatwaves at 50N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the anomalous DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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FIGURE S12: Long heatwaves at 50N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the anomalous DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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FIGURE S13: Intense heatwaves at 35N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the anomalous DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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FIGURE S14: Long heatwaves at 35N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the anomalous DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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FIGURE S16: Intense heatwaves at 50N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the total DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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FIGURE S17: Intense heatwaves at 35N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the total DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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FIGURE S18: Long heatwaves at 50N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the total DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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FIGURE S19: Long heatwaves at 35N. The quivers show the total instantaneous winds averaged between 950hPa
and 850hPa and the contours depict the total DSE between the same levels. The plots are drawn at equal time
percentage intervals, with the duration of each heatwave in the composite normalised to be between 0% and 100%.
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∂y for the top 2 percentile intense and long heatwaves at 50N and
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calculated at the midpoints of consecutive heatwave days, resulting in a time grid staggered relative to heatwave
days. The shading shows the standard deviation of these quantities across heatwaves.
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FIGURE S21: Patch-average profiles of u/u′ (u at 50N, u′ at 35N) and ∂S′

∂x for the top 2 percentile intense and long
heatwaves at 50N and 35N. The profiles only include heatwaves that survive till the nth day after heatwave start.
These quantities are calculated at the midpoints of consecutive heatwave days, resulting in a time grid staggered
relative to heatwave days. The shading shows the standard deviation of these quantities across heatwaves.
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FIGURE S22: Zonal-mean variance of ∂S′

∂x
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